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Abstract

Due to global warming, interest in sequestering carbon by appropriately managing
soils has contributed to studying the dynamic exchange of carbon and nitrogen in soils
and atmospheric CO,. The priming effect, or the intensified CO, emissions from soil
organic matter (SOM) decomposition in short periods by using labile substrates, has
been a topic of interest over the last decades. A combination of two experimentally
supported mechanisms explains the priming effect phenomenon, and for the first time,
we combine them in a novel stoichiometric model. The model considers the effects
of labile substrate utilization in soils during the SOM decomposition and how CO;
emissions rates are affected. Laboratory data and a local sensitivity analysis validate
the accuracy and robustness of the model. We find an optimized ratio of labile car-
bon and nitrogen that intensifies SOM decomposition for different soil features. The
priming effect is weakened as C/N in SOM increases for nutrient-poor soils and is
independent of C/N in SOM for nutrient-rich soils. The time required for microor-
ganisms to decompose SOM at its maximum rate is delayed only for labile carbon
treatments and poor-nutrient soils but remains constant otherwise. Finally, the SOM
degradation efficiency determines the priming effect’s acceleration or reduction under
different soil treatments.
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The potential effects of increased atmospheric carbon dioxide (CO;) on global
warming have been a matter of public interest since the industrial revolution (Lal and
Follett 2009; Sylvia et al. 2005; Falkowski et al. 2000). Carbon sequestration in plant
biomass and soil organic matter through appropriate management of cultivated soils
is a process that can mitigate the atmospheric CO». By understanding the dynamical
exchange of carbon and nitrogen from the atmosphere into the terrestrial ecosystems,
carbon sequestration may be improved (Kuzyakov et al. 2000; Bhatti and Tarnocai
2009; Beeckman et al. 2018; Tate 1995). In particular, part of the soil scientists’ efforts
has been toward studying CO; emissions from soils due to their potential contribution
to global warming. Different theories are being continuously developed to describe
the linked interactions between organic matter and labile compounds as soil microbial
activities (Kuzyakov et al. 2000; Blagodatskaya and Kuzyakov 2008; Kuzyakov 2010;
Chen et al. 2014).

Soil organic matter (SOM) is a significant carbon reservoir and principal nutrient
source for plant growth as it contributes to soil quality (Fontaine et al. 2003). SOM is
a complex biological residue formed over time due to the accumulation of undecayed,
recalcitrant organic matter (Lal and Follett 2009; Sylvia et al. 2005; Chen et al. 2014).
SOM carbon pool is about two or three times that in the atmosphere. Thus, any changes
will significantly affect the atmospheric carbon concentration levels (Sylvia et al. 2005;
Manlay et al. 2007). The input of fertilizers, organic substances and plant residues
may increase the microbial activity in soils, enhancing the decomposition rate of
SOM in short periods. Consequently, a sudden and increased release of CO, from soil
respiration would directly contribute to global warming (Lal and Follett 2009; Chen
et al. 2014; Blagodatskaya and Kuzyakov 2008).

The priming effect is defined as the sudden increased rate of SOM decomposi-
tion, caused by the input of substrates in soils (Kuzyakov et al. 2000). This natural
phenomenon and its mechanisms have been an important topic in several Euro-
pean countries over the last decades (Kuzyakov 2010). Despite many theories and
mechanisms proposed to describe the priming effect, in this work, we consider the
‘stoichiometric decomposition” and ‘microbial nitrogen mining’ approach (Chen et al.
2014). These mechanisms relate the SOM decomposition rate depending on the avail-
ability of labile carbon (C) and nitrogen (N) for different microbial communities. The
‘stoichiometric decomposition’ mechanism assumes that microbial SOM decomposi-
tion rate is at its highest when their demand of C and N is satisfied and decreases when
the availability of N is limited (Hessen et al. 2004). On the other hand, the ‘micro-
bial nitrogen mining’ mechanism assumes increased harvesting for N from SOM
using labile C as an additional energy source to satisfy microbial growth requirements
(Moorhead and Sinsabaugh 2006; Craine et al. 2007).

Different microbial communities decompose SOM at different rates depending on
the availability of substrates. The linkage between the mechanisms mentioned above
is due to the dynamic interaction between these microbial communities, labile carbon
and nitrogen sources, and SOM (Chen et al. 2014). Soil microbial communities may
be separated into two main groups despite the vast number of microbes capable of
degrading SOM. Rapidly growing soil bacteria mainly involved in decomposing labile
substrates are termed zymogenous bacteria. Now, slow-growing organisms predomi-
nantly associated with the decomposition of SOM are classed as autochthonous (Tate
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1995). In this sense, the stoichiometric decomposition and microbial nitrogen mining
mechanisms can be related to zymogenous and autochthonous bacteria, respectively
(Chen et al. 2014; Hessen et al. 2004; Craine et al. 2007).

It is necessary to incorporate C and N dynamics into mathematical models to
study the priming effect as the interaction between microbial communities, labile
compounds, and SOM (Blagodatsky et al. 2010). To achieve this, we develop a
stoichiometrical mathematical model that simultaneously considers stoichiometric
decomposition and microbial nitrogen mining mechanisms. The stoichiometrical
framework for our system of ordinary differential equations allows us to incorporate C
and N dynamics from labile substrates as the carbon and nutrient dynamics contained
in the SOM. We validate our model using a laboratory data set adapted from (Chen
etal. 2014). Part of the complete laboratory data set shows how different soil treatments
based on labile C and N may induce different CO, emission rates from soils depending
on the strength of the priming effect. Including different pools to track carbon and nutri-
ent contents in SOM as labile substrates rely on the assumption that the priming effect
is governed by the availability of resources, microbial biomass and stoichiometric
constraints (Drake et al., 2013; Sterner and Elser, 2017; Chen et al., 2014).

Our approach considers the balance of soil substrates as their interaction with micro-
bial communities during the SOM decomposition process, i.e., using stoichiometry
theory (Sterner and Elser 2017). We determine the robustness of the model and the
crucial parameters for the priming effect with a sensitivity analysis. In this way, we
investigate how soil features, such as nutrient content in SOM, delimit an optimized
C/N of labile substrates to decompose SOM in terms of efficiency, the priming effect
strength and the time of maximum SOM decomposition rate. Furthermore, we explore
the impact of the SOM degradation efficiency on the system and how the acceleration
or decrease of the priming effect is related. The model could provide insights into how
using substances rich in C and N, such as green manure, for example, in different lev-
els of nutrient richness in soils, may indirectly impact global warming by modifying
the SOM degradation rates in short periods.

1 Model Formulation

To study the decomposition of SOM under aerobic conditions, we propose the fol-
lowing stoichiometrical mathematical model. The ‘stoichiometric decomposition’ and
‘microbial N mining’ mechanisms are continuously subject to a system of nonlinear
differential equations and governed by the availability of labile compounds such as C
and N. Such mechanisms are triggered implicitly by the microbial biomass growth rate
and constrained by the availability of substrates. It is assumed that SOM decomposi-
tion rate increases with only adding labile C as the ‘microbial N mining’ mechanism
suggests. Moreover, it is at its highest when the microbial biomass demand of labile C
and N is satisfied as ‘stoichiometric decomposition’ mechanisms convey (Chen et al.,
2014; Fontaine et al., 2003). In natural soil ecosystems, N is the limiting nutrient for
microbial communities. To keep the model as simple as possible, we consider only
C, N found in organic substances as a necessary simplification (Lal and Follett 2009;
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Chen et al. 2014). Finally, the CO; emissions from the decomposition of organic
matter are described in terms of the microbial respiration rate (Kuzyakov et al. 2000).

The microbial biomass rate of change depends on the availability of easily degrad-
able substrates as the ability to harvest the required nutrients from SOM (Chen et al.
2014). Both microbial communities such as zymogenous and autochthonous decom-
pose SOM at different efficiency levels, and their growth rates differ regarding the
availability of labile resources (Chen et al. 2014; Blagodatskaya et al. 2007). To math-
ematically consider this limitation, we consider Liebig’s law of the minimum, which
states that the microbial growth rate is limited by the most limiting resource (Sterner
and Elser 2017). To track the microbial biomass rate of change in terms of carbon
units, we make use of the following equation:

B' = (uemin{f (N), g(C)} + ps H(C) min{ f;(N;), gs(Cs)}) B— €B — IB |
intrinsic growth death  respiration
(1

where H(C) is a dimensionless saturating function that modulates the impact of a
mechanism during the decomposition of SOM regarding the availability of labile C in
soils. The first two terms on the right-hand side of the above equation correspond to the
intrinsic microbial growth. In particular, the first term corresponds to the fast-growing
zymogenous bacteria, and the second term to the slow-growing autochthonous bacteria.
The minimum function is related to Liebig’s law which limits the maximal microbial
growth rate in terms of the available resources in the system. The dimensionless
functions f(N)and g(C) (orsimply f,and g) correspond to saturating functions which
represents the N and C uptake rate, respectively (Wang et al. 2009). For simplicity,
the SOM pool is divided into the amount of recalcitrant carbon C; and nitrogen Ny,
respectively. The dimensionless functions f;(Ny) and g4(Cy) (or simply f; and g5) are
saturating functions which represents the SOM compounds degradation rates. The last
two terms correspond to biomass loss by microbial death (¢) and respiration (/) rates.
The dynamics for the labile carbon pool are given by

P M
¢ = " min{f(N),g(O)}B+  €B . 2

carbon recycling

labile carbon decomposition

In the above equation, the yield constant (r1) is the proportional conversion of C
to microbial biomass (Kong et al. 2018). It is also considered the immediate carbon
recycling in this model by the natural death of microorganisms at a rate (¢).

A simplified version of a more complex process for the nitrogen dynamics is
represented as follows:

N'=—0umin{f(N),g(C)}B+ O +1)B +
——
labile nutrient uptake nutrient recycling

(05 — 0) s H(C) min{ f(N;), g:(Cs)} B, where 65 > 6.

3

nutrient exudation from SOM decomposition
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The first term corresponds to the microbial labile nutrient uptake rate to satisfy sto-
ichiometric growth requirements. The second term represents nutrient recycling due
to mass-specific microbial respiration loss and death rate (Kong et al., 2018; Alijani
et al., 2015). The constant parameter (8) corresponds to the microbial N/C ratio, and
it is assumed constant since we are assuming a strict homeostasis (Sterner and Elser,
2017; Wang et al., 2012, 2018). The last term represents the nutrient exudation from
SOM decomposition where (65) is the N/C ratio for SOM, which is assumed constant
for simplicity (Stotzky 2000; Fontaine et al. 2011).
The dynamics for recalcitrant carbon in SOM are represented as

Cl = —%H(C) min{ £, (Ny). g5 (Cy)} B, )

recalcitrant carbon decomposition

where the yield constant r; is the proportional conversion of C, to microbial biomass.
Finally, the dynamics of the recalcitrant nutrients found in SOM are described as

N; = —0Osus H(C) min{ f5 (N;), g:(Cy)}B . (5)

nutrient uptake from SOM decomposition

In this way, microbial harvest for SOM nutrients will increase the labile nutrients
availability in soils. This assumption is supported by the findings on plants allocating
rich labile C substrates to microbial communities through their roots in exchange for
nutrients found in SOM (Sylvia et al. 2005). Therefore, we propose the whole model
as

B' = (se min{f(N), g(C)} + 11, H(C) min{ £, (Ny), g5(C5)}) B — B — IB,
C'=- ‘:— min{f(N). g(C)}B + €B,
1

N’ =—0ucmin{f(N),g(C)}B +6(e +1)B

+ (65 — 0) s H(C) min{ f5 (Ny), gs(Cy)} B, ©
€l == T H©min{f(No), £(C))B,
N{ = = 0505 H (C) min{ f; (Ns). 8:(Cs)} B,
where the saturating functions take the Monod form, i.e.,
SN = g B0 = e S = e s €)=
@)
and H (C) we will propose it as
HC)=1- < . 8)
C+ Ky
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The function H (C) modulates the ‘microbial N mining’ and ‘stoichiometric decom-
position’ mechanism depending on the availability of labile substrates. The microbial
growth will increase at high rates when the microbial stoichiometric constraints are
met, potentially increasing SOM decomposition. On the other hand, with sustained
utilization of labile C, the nutrient exudation from SOM decomposition is continu-
ously increasing and is proportional to the microbial biomass. Now, emissions of CO;
in this model are directly related to the microbial respiration rate. To model the CO;
rate of change, we will use the following equation:

CO, = 1B, ©)

Since we consider the model for short periods and the laboratory data used was based on
a closed nutrient system, i.e., there is no loss or gain of N, we assume the conservation
of mass law for N. Then, the total nitrogen (7x) dynamics present in model (6) is
given by

Ty =6B +N'+ N; =0, 10)
for some 6; > 6. Therefore, the total nitrogen in the system is fixed and
N =Ty —-6B — N, (11)
where
Ty = 6B(0) + N(0) + Ns(0), (12)

which evidently results in a simplification of system (6) if required.

2 Material and Methods

The increased atmospheric CO, derived from the heavy use of crop fields has led
soil scientists to study the priming effect over the last decades. Several mechanisms
and theories have been developed to explain this natural phenomenon. However, the
combination of stoichiometric decomposition as the microbial nitrogen mining mech-
anisms has been supported by laboratory experiments (Kuzyakov et al. 2000; Chen
et al. 2014). The laboratory experiment used to validate this model is summarized as
follows.

2.1 Laboratory Experiment

The combination of the stoichiometric decomposition and microbial nitrogen mining
mechanisms was experimentally supported to understand better the priming effect
(Chen et al. 2014). This experiment measured different microbial growth rates, extra-
cellular enzyme production and CO, emissions derived from the decomposition of
labile substrates as from SOM. The experiment was based on adding different soil
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Table 1 Experimental design. Table adapted from (Chen et al. 2014)

Treatment Amount (ug C g soil -1 Applied N (ugN g soil 1)
Control 0 0
min-N 0 110
Suc-C 500 0
Suc-C+min-N 500 110
600

[l SOM-derived 400 f [~ e Control i
[ Substrate-derived <@« Min-N

350 1 Suc-C

[$2]
o
o

—e— Suc-C+Min-N

N w B
o o o
o o o
CO, Emissions (ug C g soil'1)

-
o
o

Cumulative CO, emissions (ug C g soil'1)

o

Control min-N  Suc-C Suc-C +

Min-N Time (Days)
Laboratory Treatments

Fig. 1 Data adapted from (Chen et al. 2014). (Left panel): Cumulative CO; emissions from four different
soil treatments in the ninth day. (Right panel): Cumulative CO;, emissions over nine days for each experiment

treatments to soil samples previously homogenized and stored in separated jars. Part
of the soil treatments was based on adding only labile C or N or a combination of both.
The CO; emissions from SOM decomposition were directly measured, and different
priming effect intensities were identified depending on the soil treatment by the ninth
day.

For this work, we consider the control sample and three soil treatments: added
mineral N (min-N), sucrose (suc-C) and min-N with suc-C. A detailed description for
each treatment used in four different jars is given in Table 1. The data adapted from
(Chen et al. 2014) for these treatments are provided in Fig. 1.

Mathematically speaking, different experimental treatments will correspond to dif-
ferent initial conditions C (0), and N (0) for our model. The data points represented in
Fig. 1 were used to validate the model (6) with Eq. (9).

2.2 Data Fitting

The CO; data emissions from the laboratory experiment found in (Chen et al. 2014)
were adapted using OriginPro 2020 software. The cumulative SOM degradation mea-
sured in terms of CO, was differentiated in the laboratory from labile C degradation
using radioactive isotopes. Since our model tracks the cumulative CO; directly from
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Fig. 2 Model validation using the data adapted from (Chen et al. 2014) and parameters from Tables 1, 2
and 3. Each panel represents a different soil treatment. It is shown when labile C or N limits the CO;
emissions. The system is mostly C-limited because it is not considered an external sink of labile nutrients
such as plants

microbial respiration, a discrepancy arises between the laboratory data set and the
model predictions. This discrepancy leads to the unavailability of parameters for the
system (1). However, some parameters are found in the literature, and the rest were
fit.

We split the data into four groups corresponding to each treatment as in Table
1. Then, we simultaneously fit Eqs. (6) and (9) for each group with different initial
conditions corresponding to each treatment. We predict the four data groups with fixed
parameters and different initial conditions. A full description of the parameters used,
and supporting references, can be found in Tables 2and 3. For this particular case, we
consider the death rate ¢ = 0 given the short period of the experiment.

To avoid over-fitting, the ratio #(data points)/#(free parameters) is 4.8. The free
parameters are estimated using a nonlinear regression function in MATLAB (nlinfit).
We determine the goodness of fitness from predictions given by Eq. (9) by using the
normalized mean square error (NMSE) function defined in MATLAB as

~lxo = xl?

NMSE = 1 (13)

ll2xo — Xoll*’

where ||.|| is the Euclidean norm, x¢ is a vector that contains data points, x1 is the
predictions from the model, and Xj is the mean of the experimental data points. The
function NMSE defined in MATLAB measures the goodness of fitness predicted in
the interval (—oo, 1] where the perfect fit is if the function is equal to one. The mini-
mum value we achieved using the NMSE function was about 0.9, and the numerical
simulation is shown in Fig.2. We estimated the 95% confidence intervals using the
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Table 3 Initial conditions

Initial condition Values Unit Reference 95% C.1
B(0) 3.63 ngCg soil ™! Fitted [2.89-4.37]
C(0) {0, 500} ngCeg soil ™! Chen et al. (2014) -

N(0) {0, 110} ngNg soil ™! Chen et al. (2014) -

Cs(0) 1.47 x 104 ng C g soil ™! Chen et al. (2014) -

N (0) 980 pe N g soil ! Chen et al. (2014) -

MATLAB function (nlparci) and the coefficient estimates, residuals and the estimated
covariance matrix from nlinfit.

The data fitting reveals that SOM decomposition dynamics are governed primarily
by Cj transients for this particular data set. The degradation efficiency for the nutrient
uptake in SOM (K y,) determines if Cy or Ny dynamics govern SOM decomposition.
If Ky, < Kg Ng(t)/Cs(t), for some ¢, then SOM dynamics are governed by Ciy;
otherwise, it will be governed by N;. By choosing Ky, ~ K, N;(0)/C(0), we discard
the possibility that SOM decomposition is governed by C; limitation only.

3 Numerical Simulations

We validate our model by comparing the predictions of CO, from the model to the
adapted laboratory data set. However, the model predictions of the degradation of
SOM differ somewhat from reality. The first panel in Fig.3 shows the cumulative
decomposed SOM on the ninth day of each experiment. The numerical simulation for
SOM decomposition is at least consistent with the experiment in Chen et al. (2014),
i.e., a combination of added labile substrates promotes a higher decomposition rate of
SOM rather than using only N and C separately.

Our simulations show that the system is C-limited predominantly for all treatments,
except when labile C is added. This is because we are not assuming other external
sinks of labile nutrients, such as plants’ N uptake for biomass formation. Adding
only labile N will not increase the SOM decomposition, and microbial N mining
mechanism strength remains weak, since there is no labile C to utilize. Adding labile
C increases the microbial N mining mechanism strength; consequently, more nutrients
from SOM are released, increasing microbial biomass production. Adding labile C and
N will increase the SOM decomposition at higher rates by rapidly increasing microbial
biomass and activities subject to the stoichiometric decomposition mechanism (see
Fig.3).

Measuring the robustness of the model will provide insightful performance on the
model’s predictions on SOM decomposition as information on the sensitivity of the
parameters used. The reliability of SOM dynamics predictions with respect to the
availability of labile substrates can be measured, and we may track down those crucial
parameters during the priming effect with a sensitivity analysis.
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Fig. 3 Numerical simulations of the model (6) and (9) using Tables 2, 3 and 1. (First column): Cumula-
tive SOM decomposed and CO, emissions. (Second column): CO, production and percentage of SOM
decomposed with respect to time. (Third and fourth column): Simulated microorganisms biomass subject
to different SOM decomposition mechanisms

3.1 Sensitivity Analysis

We perform a local sensitivity analysis to understand how significantly the parameters
used in the model affect SOM decomposition. Each parameter sensitivity index can
measure the relative importance of the parameters influencing SOM degradation. The
definition of the normalized forward sensitivity index is

d
-2 (14)
ap u

u

Yp -

where u is the variable that depends differentiably on the parameter p. A forward
difference scheme is needed to compute the sensitivity index because of the absence
of an explicit solution of system (6). The numerical sensitivity index is

u _ up+Ap)—u(p) p
1% X

P Ap u(p)’

15)

where u(p) refers to the variable of interest dependent on the parameter p, and Ap
should be a small quantity such as 1% of the default value of p. The sensitivity index
¥p is areal number by which we can measure the relative importance of a parameter,
and the sign of this value is the positive (or negative) relationship concerning the
variable u.
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(C, - Limited) Local S.I. for C_ at day: 9 (N, - limited) Local S.I. for C at day: 9

[ Control: 1-19/C (0) [l controt: 1-T9/C  (0)

[ Min-N: -T2, /G (0) J [ vin-N: 1-19, /G (0)
. /50
[sueC: 1-15%1C,(0) 2r [svec: 1-05%c,0)

[l suc-C+Min-N: 1- T$39/C  (0)

500 1
110/C5(0)

[ Suc-G+Min-N: 1- T

Sensitivity Index

BO) p, ng | T Iy 0 [ K K K K K,

Parameters (p) Parameters (p)

Fig.4 Sensitivity index (S.I.) foru =1 — F,-I/Cs (0) for i = {0, 100} and j = {0, 500} of SOM decompo-
sition when different treatments are considered. (Left panel): S.I using parameters in Table 2. In this case,
the system is Cs-Limited (K, < Kg; N5(0)/Cs(0)). (Right panel): S.I. when the system is Ny-Limited,
i.e., we choose K 7, such that K ¢ > Kg  Ns(0)/Cs(0)

We denote Fij as C;(9) with the parameters given in Table 2 and the initial conditions
given in Table 3 but with N(0) = i and C(0) = j. We consider the variable

u=1-—L_, (16)

to compute the sensitivity index for the percentage of SOM decomposed on the ninth
day for i = {0, 110} and j = {0, 500} to represent the different experimental treat-
ments. Thus, we can measure the importance of each parameter in our model for SOM
decomposition predictions. The parameter’s positive (negative) relationship strength
depends on each soil treatment. The sensitivity analysis reveals the model’s robust-
ness and the positive (negative) strength of SOM decomposition on the ninth day of
the experiment. From Fig.4, it may be surprising that the parameter p,, associated
with slow-growing bacteria but predominant in SOM degradation, is more beneficial
to SOM conservation. Based on the data fitting, the system is primarily Cs-limited,
but SOM decomposition under N;-limitation was also investigated. We computed the
sensitivity index for these two circumstances, guaranteeing the model’s robustness for
different scenarios.

3.2 Numerical Experiment: Impact of Exogenous Labile Cand N in SOM
Decomposition

The addition of a combination of labile substrates controls the strength of the priming
effect and, in consequence, increased atmospheric emissions of CO, from soils in
short periods. The addition of only labile C increases SOM decomposition during the
laboratory experiment, and the decomposition is higher when exogenous labile C and
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Fig.5 Impact of adding an initial single dose of labile N and C to soils during SOM decomposition. (Left
panel): Relative SOM decomposition increment when the combination of C(0) = j and N(0) = i is

considered and compared to when only C(0) = 500 is added as 1 — l"ij / FSOO. (Right panel): Different

curves generated by 1 — rif /T3% when i =€ [0,30] and j = {0, 100,200, ..., 500}. The red line in
both panels is given by N(C) = C/25.83 and represents an optimal C/N initial ratio to maximize SOM
deqomposition in terms of efficiency and is generated by a linear regression using the points (i, j) such that

|I‘ij - F§o| < 8[‘800 for ¢ = 0.1 (Color figure online)

N are combined. We explore numerically how the combination of a single input of
C(0) € [0,500] and N(0) € [0, 30] at # = O influences SOM decomposition.

From Fig. 5(left panel), we show the relative SOM decomposition increment when
the combination of C(0) = j and N(0) =i is considered and compared to when only
C(0) = 500 is added as 1 — I'/ / 3% for i € [0,30] and j € [0, 500]. Furthermore,
we show an optimal C/N ratio, represented by the red line in the same figure, initially
required to decompose SOM efficiently, minimizing the resources of labile substrates.
We also plot different curves generated by 1 — l"ij / 1"800 on the right panel of the
same figure when i =€ [0, 30] and j = {0, 100, 200, ..., 500}. The red dots in each
curve generate an optimal C/N~ 26 ratio to decompose SOM efficiently, and they are
represented by maximum (i, j) such that |F,.] — F§0| < SF(S)OO for e = 0.1. We choose
the specified interval for N(0) € [0, 30] because adding larger labile N inputs does
not change the results qualitatively, suggesting that low input of labile N may have
the same potential to greatly impact SOM decomposition as high inputs of labile N.

We extend our results regarding the optimal C/N ratio inputs to maximize SOM
by considering different SOM carbon-to-nutrient ratios (C;/N;). By fixing the total
amount of carbon in SOM (C;(0)), we estimate the labile C/N ratios required as initial
amendments to decompose SOM efficiently in terms of the initial nutrient richness in
it (N (0)). In Fig.6, we can see that high (low) amounts of labile N will maximize
SOM decomposition for nutrient-rich (nutrient-poor) soils. These results show that the
C/N ratio to maximize SOM decomposition will depend on the dynamics that govern
SOM decomposition, that is, when SOM is C; or Ny limited. If SOM dynamics are
strictly governed by Cj transients, then the optimal C/N ratio remains constant, but if
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Fig.7 (Left panel): Time expected for the priming effect to occur, i.e., when microbial communities decom-
pose SOM at its maximum rate. (Right panel): Percentage of decomposed SOM by different treatments by
the ninth day

N; transients govern it, then the optimal C/N ratio will increase linearly with respect
to the initial carbon-nutrient content in SOM.

The expected time required for microbial communities to decompose SOM at its
highest rate (#j) will depend on the initial amendments and initial C;/N; ratio. We
compared the predicted time #), for two different amendments. Specifically, we con-
sider only C(0) = 500, N (0) = 0 and when C(0) = 500, N (0) = 20 as an optimized
treatment. Also, we computed the percentage of SOM carbon decomposed relatively
to C5(0)/N;(0) ratios by the ninth day using the same amendments (see Fig.7). By
adding labile C and N, the ), is constant because the stoichiometric decomposition
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Fig. 8 Difference of cumulative decomposed SOM between soil treated with C(0) = 500, N(0) = 0
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) varying K ¢, (left panel) and K (right panel) on the

ninth day. The parameters are taken as in Table 2. The initial conditions for other variables are considered
as in Table 3. The model is capable to reproduce positive (negative) priming effects depending on the value
for the half-saturation constant for f; and gg

mechanism is immediately at its highest, independent of SOM nutrient content. In
contrast, adding only labile C will increase the ¢, for nutrient-poor soils and remains
constant for nutrient-rich soils. The microbial N mining mechanisms will predomi-
nate for larger periods in nutrient-poor soils until enough nutrients are released from
SOM decomposition. The percentage of decomposed carbon in SOM at ninth day is
constant for nutrient-rich soils and will decrease for nutrient-poor soils. These results
show that the soil’s nutrient richness determines the time and strength of the priming
effect.

3.3 Numerical Experiment: Positive and Negative Priming Effect

The results from the laboratory experiments in (Chen et al. 2014) showed a positive
priming effect when Suc-C and Suc-C+min-N were added to soil samples. However,
there was not a significant statistical difference after adding min-N. Positive or negative
priming effects, i.e., increase or reduction of SOM decomposition after adding labile
substrates, respectively, have been documented when N is added into soil samples
(Kuzyakov et al. 2000). For example, in Janssens et al. (2010) it is stated that nitrogen
depositions reduce SOM decomposition in temperate forests.

In our model, the SOM degradation efficiency of K, and Ky, is highly related
relatively to the cumulative SOM decomposition (see Fig.4). SOM priming depends
on the input of labile sources C and N, and microbial activities. However, microbial
activities also rely on their ability to uptake resources from SOM. To understand how
the SOM degradation efficiencies regulate the priming effect strength for two different
soil treatments, we propose the following numerical experiment by considering K,
and Ky, as parameters.

We define S¢ = C,(0) — FSOO as our numerical experiment reference, and we
compute the difference with Scy (K) = C;(0)—T 380 butvaryingonly K = K, (K =
K,) which is the half-saturation constant for f; (g). In Fig. 8, the positive (negative)
value indicates a negative (positive) priming effect concerning the different values
of the half-saturation constants. We suggest that the half-saturation for recalcitrant
carbon and nitrogen saturating functions in SOM should not be considered a constant
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but a function of other physical properties. In this way, the system will potentially
show negative priming effects even if the soils are treated with a combination of labile
compounds.

4 Discussion

The CO, emissions derived from soils have been a subject of interest in the last years
due to the potential effects of global warming. In particular, sudden increments of
SOM decomposition rates in short periods derived from using labile substrates such
as fertilizers have gained attention, and different mechanisms have been proposed to
explain these increments over the last decades (Lal and Follett 2009; Kuzyakov et al.
2000). Recently, a laboratory experiment has supported combining the ‘microbial N
mining’ and ‘stoichiometric decomposition’ mechanism to explain this natural phe-
nomenon named the priming effect (Chen et al. 2014). Various mathematical models
successfully model the priming effect without considering explicitly both mechanisms
or only tracking carbon pools (Neill and Gignoux 2006; Lawrence et al. 2009). Incor-
porating these mechanisms, as nitrogen dynamics, is needed to increase the accordance
between mathematical models and data measurements (Chen et al. 2014; Blagodatsky
etal. 2010). Therefore, we proposed for the first time the inclusion of both mechanisms
to explain the priming effect as carbon and nitrogen dynamics in a novel stoichiometric
mathematical model.

The mathematical model in this work encompasses microbial utilization of different
labile and recalcitrant carbon and nitrogen pools to predict the strength of the priming
effect in soils with diverse SOM carbon and nutrient contents. Based on the laboratory
data adapted to validate the model, we were required to estimate those parameters that
were not available in the literature with 95% confidence. Our results predicted that
the carbon dynamics in SOM principally governed the laboratory experiment results.
Under this assumption and considering that the model is nutrient closed, simplifying
the model by tracking only carbon dynamics in SOM would be possible. However,
SOM degradation may be subject to nutrient content, and we considered that possibility
in our model predictions.

We validated our results and showed model prediction robustness through a local
sensitivity analysis. The laboratory experiment used abundant soil treatments in labile
carbon and nitrogen to produce the priming effect. However, we predicted an optimized
labile C/N ratio of approximately 26 would have the same results compared to C/N
ratio of 4.54 used for the experiment. This prediction assumes that soil amendments
based on only labile carbon are enough to produce the priming effect and increase
by adding labile nitrogen. Furthermore, we found that the optimized ratio of labile
substrates to decompose SOM efficiently remained constant for nutrient-rich soils
and increased for nutrient-poor soils. This result is comparable with the prediction in
(Fontaine et al. 2003), which predicted that nutrient-poor soils are more often subject to
the priming effect than nutrient-rich soils. Our results showed that less labile nitrogen
input is needed to maximize SOM decomposition in nutrient-poor soils. Studying how
nutrient richness in soils affects the model predictions, we found that in nutrient-rich
soils, the priming effect is likely to happen in short periods. Still, depending on the soil
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treatment, it may be delayed and weakened in nutrient-poor soils. Finally, given the
sensitivity analysis, we determined that the SOM degradation efficiency determines
the increase or reduction of the priming effect on this model, which can be correlated
with other physical properties like temperature (Eppley et al. 1969), for example.

This model still has limitations. First, the assumption for the function that modulates
SOM decomposition mechanisms is heuristic, and predictions could improve by using
mechanistic fundamentals. Second, the CO; emissions, when only carbon is used as
a soil treatment, still present inaccuracies at the beginning of the simulation. The
heuristic function that modulates both mechanisms may still be improved to produce
better results without compromising its use to modulate the mechanisms behind the
priming effect. The model also suggests that the SOM degradation efficiencies should
be considered parameters, not constants, for general situations. Otherwise, the model
may not accurately represent the negative priming effect. Another limitation is that the
model is robust for short periods and is based on the assumption that it is nutrient closed.
However, these issues will open more research directions, for example, considering
the nutrient uptake by plants, SOM decomposition for larger periods and continuous
or periodic inputs of labile substrates.
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